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Abstract—Dual-function radar-communication (DFRC) systems have emerged as a promising solution for spectrum sharing
in recent years. In this paper, we propose a novel DFRC strategy
by exploiting directional power control and waveform diversity.
The proposed technique ensures the highest possible magnitude
of the radar main beam, resulting in an improved signal-tonoise ratio for the radar operation. This maximization objective
is achieved while considering the pre-allocated or adjustable
transmit energy requirement for radar and communication
operations. The secondary communication objective enabling
multi-user access is realized by transmitting distinct amplitude
levels and phases towards different communication receivers
located in the sidelobe region of the radar. As an example,
power allocation for different orthogonal frequency-division
multiplexing (OFDM) subcarriers projected towards the radar
main beam and the communication receivers is discussed by
considering the frequency response of target returns. Simulation
results illustrate the performance of the proposed technique.
Keywords: Directional power control, dual-function radarcommunications, power allocation, spectrum sharing, waveform
diversity

I.

I NTRODUCTION

Spectrum sharing has attracted signiﬁcant research attention in the past few years due to rapidly escalating demand
of spectral resources [1]. Increased data rates in wireless
communication systems require the expansion of the existing
spectrum allocations. Additionally, emerging scientiﬁc advances beneﬁting consumers demand new frequency allocations
to fulﬁll their spectral needs [2]. To effectively manage the
existing spectral allocations, several efforts have been made
in the area of cognitive radio [3]. Recently, the co-existence
of multiple platforms within the same frequency bands has
been developed to signiﬁcantly reduce the spectral congestion
by simultaneously sharing the same spectral resources for
multiple applications [4, 5]. In this context, the co-existence
of radar and communication platforms in the same frequency
bands requires both systems to work collaboratively so as to
mitigate the mutual interference [6]. Moreover, dual-function
radar-communication (DFRC) strategies enabling joint transmission of communication and radar waveforms perform the
secondary communication operation in addition to the primary
radar function utilizing the same spectral resources [7–13].
The basic principle of a DFRC system is to transmit the
waveforms for radar and communication objectives using the
same physical platform as illustrated in Fig. 1. A secondary communication function is realized by embedding the
communication information in the radar waveforms such that
the radar performance is not compromised. The prominent
DFRC strategies include waveform diversity-based method
[7], sidelobe amplitude modulation (AM) method [8], multiwaveform amplitude shift keying (ASK) method [9], phase

shift keying (PSK) method [10], generalized ASK-based
method [12], and quadrature amplitude modulation (QAM)
method [13].
In the waveform diversity-based DFRC strategy [7], a
dictionary of radar waveforms is used such that each waveform corresponds to a unique communication symbol.
During a radar pulse, communication objective is realized by
selecting the radar waveform corresponding to the desired
communication symbol. The sidelobe AM-based method [8]
exploits multiple beamforming weight vectors to project different amplitude levels towards the communication receivers
located in the sidelobe region of the radar. Each sidelobe level
represents unique communication information. In the multiwaveform ASK-based method [9], each radar waveform is
associated with a beamforming weight vector implementing
different sidelobe control-based information embedding. The
communication receivers decode the transmitted waveform
and the corresponding sidelobe level to determine the transmitted information. A generalized mathematical framework
for multi-waveform ASK-based DFRC techniques was introduced in [12]. This method enables multi-user access by
projecting radar waveforms with different sidelobe levels
towards the communication receivers located in different
directions. In the PSK-based information embedding strategy
[10], a dictionary of beamforming weight vectors is exploited
such that each beamforming vector results in a different
phase delay towards the communication receivers. This PSKbased information for the multiple transmitted waveforms can
be decoded by the communication receivers using matched
ﬁltering. The QAM-based information embedding strategy
[13] provides a DFRC solution to realize multi-user access by
projecting the radar waveforms with distinct sidelobe levels
and phases in different directions. The QAM-based method
also serves as a generalized mathematical framework for the
existing sidelobe control-based DFRC techniques [8–13].
In this paper, we propose a novel DFRC strategy to ensure
maximum transmit power in the radar main beam while
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Fig. 1.

The basic principal of dual-function radar-communications system.

exploiting directional power control and waveform diversity.
The primary radar objective is achieved without compromising the communication of information to the users located
in the sidelobe region of radar. Unlike the conventional
DFRC schemes which transmit equal power in all the radar
waveforms [8–13], the proposed method is able to control
the transmit power for each waveform towards radar and
communication directions depending on the target reﬂections.
Optimized power allocation results in the highest signal-tonoise ratio (SNR) at the radar receiver to improve target
detection. The proposed approach enables multi-user access
by transmitting distinct communication symbols in different
directions while exploiting the same hardware resources as
used by the existing methods [8–13]. Therefore, the proposed
DFRC strategy provides much greater ﬂexibility in system
design compared to existing methods. Simulation results
demonstrate the effectiveness of the proposed DFRC method.
II.

S YSTEM M ODEL

Consider a DFRC system consisting of M linear transmit
array elements arranged in an arbitrary fashion. The primary
function of the DFRC system is to ensure the unperturbed
radar operation while performing a secondary communication
activity. The objective of the radar operation is to maintain a
desired magnitude of the radar signal towards the radar main
lobe. Moreover, the DFRC system provides communication
information to R users located in the sidelobe region of the
radar in different directions. Denote Ptotal as the total power
transmitted by the antenna array and ψ1 (t), ψ2 (t), . . . , ψK̂ (t)
as the K̂ mutually orthogonal waveforms which are available
to the DFRC system. Here, t is the fast time and each
waveform ψk (t) (1 ≤ k ≤ K̂) is normalized to unit average
power such that:
 Tp
1
ψk1 (t) ψk2 (t)dt = δ (k1 − k2 ) , 1 ≤ k1 , k2 ≤ K̂,
Tp 0
(1)
where Tp denotes the radar pulse period. To realize the
objectives of the DFRC system, different beamforming weight
vectors are synthesized to enable multiple information streams
towards the communication receivers while keeping the radar
main beam at a constant amplitude. The following optimization problem is formulated for this purpose [8–13]:




θi ∈ Θrad ,
min max Gejϕ(θi ) − uH
n a(θi ) ,
un
θi
 H

(2)
θp ∈ Θsll ,
subject to un a(θp ) ≤ ε,
jφ(θr )
uH
,
n a(θr ) = Δ(θr )e

θr ∈ Θcom ,

where Θrad denotes the directions at which the radar main
beam operates, Θcom contains the directions of communication receivers located in the sidelobe region of radar, and
Θsll denotes the complement set of Θrad ∪ Θcom representing
the remaining sidelobe region. In addition, a(θ) is the array
manifold vector of the transmit antenna array at angle θ, G is
the desired magnitude of radar main lobe, ϕ(θ) is the desired
phase proﬁle of radar at angle θ, and (.)H represents the
Hermitian operator. Further, un is the desired beamforming
weight vector which achieves the sidelobe level Δ(θr ) with
phase φ(θr ) at the communication receiver located at an angle
θr (1 ≤ r ≤ R). Each pair of Δ(θr ) and φ(θr ) can take any of
the L possible sidelobe levels and Q allowable phase symbols,

respectively, towards angle θr . Moreover, un guarantees a
sidelobe level having a maximum value of ε in the sidelobe
region if Δ(θr ) ≤ ε for 1 ≤ r ≤ R.
The transmitted signal from the DFRC system can be
expressed as:

K
Ptotal 
s (t, τ ) =
Ubk (τ )ψk (t),
(3)
K
k=1

where τ is the slow time, and U = [u∗1 , u∗2 , · · · , u∗N ] is
an M × N dictionary matrix which includes N beamforming weight vectors synthesized from (2). Each beamforming
vector in U results in a unique set of amplitude levels and
phase offsets in the directions of communication receivers
while keeping the radar beam at a constant amplitude. Here,
(.)∗ denotes the conjugate operator. In addition, bk (τ ) =
[b1,k (τ ), b2,k (τ ), · · · , bN,k (τ )]T is an N × 1 selection vector
which chooses the desired beamforming weight vector uk
from the dictionary matrix U for each transmitted waveform
ψk (t), where (.)T denotes the transpose operator. All the
elements in bk (τ ) are zero except only one element which is
equal to 1. We utilize K (≤ K̂) orthogonal waveforms during
each radar pulse and it is possible to use different values of
K for each pulse. From (2), note that the amplitudes and
phases of the transmitted waveforms towards communication
receivers in different directions can be distinct during each
radar pulse. Depending on the choice of N and K, different
DFRC schemes [8–13] can be realized.
III.

P ROPOSED I NFORMATION E MBEDDING S TRATEGY

We observed that the existing DFRC techniques do not
optimize the maximum possible energy which can be transmitted in the direction of radar main beam. Moreover, each
waveform ψk (t) in the radar pulse is transmitted with an equal
power towards the main beam of radar. In practice, it might
be desirable to operate the radar main beam at the highest
possible amplitude to efﬁciently detect the weak targets. In
addition, modern radars change the power allocation for each
transmitted frequency to ensure the best performance when
the radar cross-section (RCS) of the target is frequencydependent [14]. Therefore, it is also important for future
DFRC systems to offer power allocation capabilities.
A. Proposed Information Embedding
In our approach, we optimize the amplitude of each radar
waveform towards the radar main beam given the RCSdependent power allocation for each waveform. Fig. 2 shows
the basic principle of the proposed method. We generate K
(≤ K̂) beamforming weight vectors uk such that each vector
corresponds to one of the available radar waveforms ψk (t),
where 1 ≤ k ≤ K. The signal transmitted from the DFRC
platform can be expressed in the following form:
s (t, τ ) =

K


u∗k (τ )ψk (t),

(4)

k=1

where uk (τ ) can be changed for each pulse time τ depending
on the desired phase and amplitude levels towards the radar
beam and the communication users. The beamforming weight
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(1 − γk )Pk .
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Thus, the maximum power transmitted from antenna array is
Ptotal = Prad + Pcom .
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where βtol is the error tolerance for the desired radar beampattern towards the main beam and A(Θ) =
[a(θ1 ), a(θ2 ), · · · , a(θj )] with {θ1 , θ2 , · · · , θj } ∈ Θ. From
Eqs. (4)-(6), the powers Prad and Pcom transmitted in the
radar main beam and the sidelobe region, respectively, can
be expressed as:

The proposed DFRC strategy.

vector uk can be calculated using the following optimization
problem (note that τ is omitted for notational simplicity):
max Gk
uk




subject to Gk ejϕk (θi ) − uH
k a(θi ) = 0,
uH a(θ ) = Δ(θr )ejφ(θr ) ,
 kH r 
uk a(θp ) ≤ ε,

2
 = Pk ,
u H
k a(θq )

θi ∈ Θrad ,
θr ∈ Θcom ,
θp ∈ Θsll ,
θq ∈ Θall , (5)

θq


2
 = γ k Pk ,
u H
k a(θi )

θi ∈ Θrad ,

θi


2
 = (1 − γk )Pk ,
u H
k a(θp )

θp ∈ Θ̄rad ,

θp

where Gk is the desired amplitude of the transmitted waveform ψk (t) in the direction of the radar main beam Θrad ,
and Pk denotes the total power available to the DFRC platform for the waveform ψk (t). Moreover, γk (γk ∈ [0, 1]) and
1 − γk , respectively, denote the power proportion designated
for radar main lobe and radar sidelobe region Θ̄rad by the
waveform ψk (t). In addition, Θall contains all the angles
from −90o to 90o and Θ̄rad = Θcom ∪ Θsll represents the
complement set of Θrad . Note that the proposed approach
aims to maximize the transmitted power in the radar main
beam while considering the power allocated to radar and
communication systems.
Alternatively, the optimization problem in (5) can be
relaxed as a convex optimization problem as follows:
min − Gk
uk




subject to Gk ejϕk (θi ) − uH
a(θ
)
 ≤ βtol ,
i
k
uH a(θ ) = Δ(θr )ejφ(θr ) ,
 kH r 
uk a(θp ) ≤ ε,


 H
uk A(Θall ) ≤ Pk ,

2
 H
uk A(Θrad ) ≤ γk Pk ,
 H
2 
uk A(Θ̄rad ) ≤ (1 − γk )Pk ,
2

θi ∈ Θrad ,
θr ∈ Θcom ,
θp ∈ Θsll ,

(6)

From Eqs. (4) and (6), it can be observed that different radar waveforms can be transmitted with different power levels
towards the main lobe. Moreover, we have an added ﬂexibility
to maximize the transmitted power towards the radar main
beam while ensuring the communication performance. All
the tasks are performed within the power constraints for the
communications and radar purpose. These power allocations
can change with respect to target response and communication
environment.
As an example, we can control the maximum transmitted
energy of each frequency component for the transmission based on orthogonal frequency-division multiplexing (OFDM)
by controlling the power Pk of the corresponding subcarrier
ψk (t). This can be helpful to enhance the target characterization with frequency-dependent RCS [14]. In this context,
a higher SNR can be achieved by maximizing the radar
amplitudes in the frequencies where RCS is high (by selecting
appropriate Pk and γk ). This strategy results in an improved
SNR for radar receiver, whereas communication users are
still entertained with all the desired frequencies by allowing
(1 − γk )Pk power towards the radar sidelobe region for all
the subcarriers.
B. Detection at the Communication Receiver
The signal received at the r-th communication receiver at
the angle θr can be expressed as:
xr (t, τ ) = hr (τ ) aT (θr ) s (t, τ ) + nr (t) ,

(8)

where hr (τ ) is the channel coefﬁcient summarizing the
propagation environment between the transmit array and rth communication user, and nr (t) is the zero-mean additive
white Gaussian noise. Matched ﬁltering of the received signal
xr (t, τ ) to each of the K (≤ K̂) possible waveforms at the
r-th communication receiver yields the following scalar:
 Tp
1
yr,k (τ ) =
xr (t, τ ) ψk (t) dt
T
p 0
h (τ )Δ(θr )ejφ(θr ) + nr,k (τ ), if ψk (t) transmitted,
= r
nr,k (τ ),
otherwise,
(9)
where nr,k (τ ) is the noise at the output of k-th matched
ﬁlter. By analyzing yr,k (τ ) at the r-th communication receiver
located in the direction of θr , the receiver can determine
the respective amplitude and phase to decode the embedded
communication information.

IV.

S IMULATION R ESULTS

We consider a uniform linear array (ULA) consisting of
20 transmit antennas. The primary function of the radar is to
form a main beam between −5o and 5o . There are R = 2
communication receivers located in the sidelobe region at 40o
and 50o , respectively. For each communication user located
at θr (1 ≤ r ≤ R), we consider two possible sidelobe
levels (L = 2) and two different phases (Q = 2). These
corresponding sidelobe levels Δ(θr ) can either be 0.1 (i.e.,
−20 dB) or 0.0316 (i.e., −30 dB) at each communication
receiver during a radar pulse. Similarly, the projected phases
φ(θr ) at each communication receiver can take a value of 0
or π radians. Using Eq. (6), we can generate the beamforming
weight vectors which satisfy these speciﬁcations. We exploit
K = 1, 024 OFDM subcarriers with a bandwidth of 100
MHz centered at 3 GHz to achieve the DFRC objectives.
For the case of equal power transmission through all the
OFDM subcarriers (i.e., P1 = P2 = · · · = P1024 ), we
design four different beampatterns using Eq. (6) as shown
in Fig. 3(a). It can be observed that each beampattern has
a unique set of sidelobe levels for the communication users
while maintaining the 0 dB amplitude in radar main beam.
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(a) Case I: Beampattern synthesis for equal power in all subcarriers
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We calculate the sum data rate which can be received
by the R sidelobe communication users located in unique
directions within the sidelobe region of the radar. Considering
K orthogonal waveforms, L sidelobe levels, and Q possible
phases for each communication user, Eq. (4) can be utilized to
determine the information capacity during each radar pulse.
It can be observed that log2 LQ bits can be transmitted
with each radar waveform ψk (t) at each communication
receiver when L sidelobe levels and Q phases are exploited.
This implies that the total number of bits which can be
transmitted during each radar pulse is RK log2 LQ. It is
important to note that the information streams transmitted
to each communication receiver may or may not be distinct,
respectively corresponding to multi-user access and broadcast
mode.
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C. Sum Data Rate Analysis
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Next, we consider two point targets located within the
radar main beam at 100.1 km and 101.5 km, respectively,
from the DFRC system. The targets are assumed to have a
high electromagnetic reﬂectivity for only 400 OFDM subcarriers clustered at the center of the transmitted bandwidth. This
information about RCS can be obtained by calculating the
spectrum of the reﬂected signal at radar receiver. To achieve
the optimal SNR for the radar system, the DFRC platform
is optimized for the subsequent radar pulses such that more
power is allocated to the frequencies with a higher target
reﬂectivity. In this context, Fig. 3(b) shows the respective
transmit beampatterns for the subcarriers with low target
reﬂectivity, whereas Fig. 3(c) corresponds to the transmit
beampatterns for the highly reﬂected subcarrier. From Fig.
3(b) and Fig. 3(c), it can be observed that the transmitted
energy in the radar main beam varies for different frequencies
without deteriorating the communication performance. It is
important to note that the magnitude response of all the
beampatterns in Fig. 3 remains the same for different phases
φ(θr ) towards the communication receivers. Therefore, we
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Fig. 3. Example beampatterns using the proposed approach (ULA with
M = 20, R = 2 communication receivers located at 40o and 50o ).

have only shown the beampatterns for φ(θr ) = 0 at each
communication receiver.
In Fig. 4, we present the range estimation and symbol
error rate performance for the cases of equal power and optimal SNR. The radar range is estimated using the technique
illustrated in [4] by considering a radar range cell from 100
km to 100.3 km. Additive white Gaussian noise of equal
power is considered for both cases at the radar receiver. It
can be observed from Fig. 4(a) that the optimal SNR provides
considerable performance enhancement in range estimation.
This is a signiﬁcant improvement since the total power
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amplitudes and phases in different directions enabling the
multi-user access. As an example, OFDM subcarriers are
used as the radar waveforms for performing DFRC objectives.
The power of different subcarriers towards radar main beam
was varied by inspecting the target returns while keeping the
total transmitted energy constant for radar and communication
objectives. The proposed DFRC strategy resulted in improved
target detection without any degradation in the performance
of communication system.
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Fig. 4. Range estimation and symbol error rate performance for the proposed
technique.

transmitted by the array and the total power projected in the
radar main beam are kept constant for both cases. The only
difference is the transmitted power for different subcarriers
based on the RCS. The proposed approach provides better
performance because more power is allocated to the frequencies with a higher target reﬂectivity.
Communication performance is illustrated in Fig. 4(b) in
terms of symbol error rate. We consider coherent QAM-based
approach [12] by exploiting two phases and two sidelobe
levels for each transmitted OFDM waveform (L = 2, Q =
2, K = 1, 024). Note that independent data streams are
transmitted to both communication receivers simultaneously.
Only one curve is plotted here because the symbol error rates
for the case of equal power and optimal SNR are the same.
This is because the change in radar main beam does not
deteriorate the required signal amplitudes and phases at the
communication receivers, which can be observed in Fig. 3.
Thus, the improvement in radar range estimation is achieved
without compromising the performance of communication
system. Thus, the simulation results illustrate the effective
performance achieved by the proposed DFRC strategy.
V.

C ONCLUSION

A novel DFRC strategy was proposed to ensure the
maximum SNR in the radar main lobe by optimizing the
transmit beampattern. The proposed method allocates the
desired power in radar and communication directions for each
transmitted waveform based on the RCS. Optimized power
allocation results in higher SNR at the radar receivers which
enables a better characterization of targets. While ensuring the
radar’s objectives, the proposed approach transmits distinct
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